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Saturation and expansions of models of arithmetic

In the early thirties Skolem introduced non-standard models

of arithmetic. Today we know that the class of models of PA
(first-order arithmetic) is large and complex; and all models are

themself complex, for example, the standard model is the only

one which is recursively representable (Tennenbaum, -59).

By simple cardinal arguments there can be no countable sat-

urated model of PA. However, there are countable recursively

saturated ones:

A model is recursively saturated if every type over the model

(with finitely many parameters) which is recursive (i.e., the set

of Gare parameters) consistent with the theory of the model

there is an expansion satisfying Ψ. For countable models of PA
these two notions coincide.

I will discuss variants on the resplendency property which con-

cludes that the expansion not only satisfies a given sentence but

also omits a given type.
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